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Let G Si Sig Sin be a Coxeter element in the SymmetricgroupSntl
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Then we can write c in cycle notation as integers be
upperbarred integers
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Snake graphs and the weak Bruhat order Says

There is a lattice bijection between

the interval Id in the weak order

and La Coxeter element

the lattice of order ideals order filters of the fence poset
whose Hasse diagram is QQ

Summary of relevant parts of
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Snake graphs and the weak Bruhat order

Let G be a snake graph that is a sequence of t and

e.g t corresponds to III or i C If n
usethis in this note

Associate a quiver QCG to G
in the obvious way
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3 5

Inthis note Tet's pick this convention



Now build the lattice of order ideals order filters of Q G

or equivalently the lattice of perfect matchings of G

S lemma 3.16 says Treating each edge of
as a simple reflection let c Si Sin and desi Sin
be any two maximal chains of
Then C c as an element in Sn 11

7 We have a lattice bijection between Id C and L

Example 3 Let 6 be the Snake graph It
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I 1
I 3 3142 C 525351 525,53
I 53 1 lys

l l 4 Is
In 1,213 3124 S 5253 1342I l
l Gl Iss X 153
y Sz 1324

I Is
I 3 I l
z Id

In type A the F polynomial associated to the cluster variable from c

would be 2 letters in W It yztyyz yzyzY.yzygwinfld.CI


